Urban water demand is influenced by a variety of factors such as climate change, population growth, socio-economic conditions and policy issues. These variables are often correlated with each other, which may create a problem in building appropriate water demand forecasting model. Therefore, selection of the appropriate predictor variables is important for accurate prediction of future water demand. In this study, seven variable selection methods in the context of multiple linear regression analysis were examined in selecting the optimal predictor variable set for long-term residential water demand forecasting model development. These methods were (i) stepwise selection, (ii) backward elimination, (iii) forward selection, (iv) best model with residual mean square error criteria, (v) best model with the Akaike information criterion, (vi) best model with Mallow's C p criterion and (vii) principal component analysis (PCA). The results showed that different variable selection methods produced different multiple linear regression models with different sets of predictor variables. Moreover, the selection methods (i)-(vi) showed some irrational relationships between the water demand and the predictor variables due to the presence of a high degree of correlations among the predictor variables, whereas PCA showed promising results in avoiding these irrational behaviours and minimising multicollinearity problems.
Introduction
Water demand forecasting is a vital element in urban planning and sustainable development of a city. Many important decisions in regards to water demand management, environmental planning and optimum utilization of water resources depend on accurate water demand forecasting. Future water availability is expected to reduce in many urban cities [1] due to several factors such as population growth, changing climatic conditions, pollution of water, scarcity of untapped water sources and increased frequency of droughts [2, 3] . Therefore, it is important to have the accurate future water demand projections to ensure adequate water supply to the cities by adopting various strategies such as capacity expansion of existing water supply systems, building new infrastructure and implementation of water demand management policies. Water demand forecasting can be achieved by developing suitable mathematical water demand models based on the predictor variables that influence water demand.
Urban water demand is influenced by a variety of factors such as demographic (e.g., number of population and number of dwellings), climatic (e.g., rainfall, temperature and evaporation), variable set in the development of the long-term water demand forecasting model. Data from the Blue Mountains Water Supply System in the New South Wales, Australia, are used.
The methods compared include: (i) stepwise selection; (ii) forward selection; (iii) backward elimination; (iv) best model with the criteria of residual mean square error; (v) best model with Mallow's C p criterion; (vi) best model with the Akaike information criterion (AIC); and (vii) the model with selected variables based on preprocessing by PCA. The performance of various models is assessed for an independent validation period. This is one of the comprehensive studies in comparing the performance of variable selection methods in long-term water demand forecasting. Moreover, this is one of the few papers that has discussed the multicollinearity problem in water demand forecasting and has highlighted how to resolve the problem. Results of the study are expected to provide important insights into the variable selection methods in water demand modelling to produce more accurate water demand projections. The findings of this study would be useful in enhancing the sustainability of urban water resources and water supply systems in a given region by providing a better tool to estimate future water demand.
Study Area and Data
The Blue Mountains region in New South Wales, Australia, has been adopted as the study area, which has a latitude of 33.7 • S and a longitude of 150.3 • E. Blue Mountains Water Supply System (BMWSS) supplies water to a population of about 48,000 from Faulconbridge to Mount Victoria ( Figure 1 ) in the Blue Mountains region, Australia.
As Mount Victoria is over 1000 m above sea level, the temperature is normally 7 • C lower than the coastal Sydney. The average temperature in the Upper Blue Mountains area is around 5 • C and 18 • C in winter (June-August) and summer months (December-February), respectively. The Upper Blue Mountains area has an annual average rainfall of 1050 mm [36] . A large number of water demand variables was adopted in this study: monthly total rainfall (mm), number of rainy days in a month, monthly mean maximum temperature ( • C), monthly average temperature ( • C), monthly total evaporation (mm), monthly solar exposure (MJ/m 2 ), water price (AUS $/Kilolitre(KL)), conservation program participation (CPP) and three water restriction levels (i.e., Levels 1, 2 and 3) imposed in the study area during previous drought periods (2003) (2004) (2005) (2006) (2007) (2008) (2009) .
Metered water consumptions in a monthly step and the number of dwellings data for the period of 2003-2011 in the Blue Mountains regions were obtained from Sydney Water. The monthly water consumption values were divided by the number of dwellings to get the 'per dwelling monthly water consumption (PDMWC)', which was taken as the response/dependent variable in the analysis. Water price and CPP data were also obtained from Sydney Water. The number of dwellings that were participating in the water demand management programs (e.g., installation of showerheads, flow restrictors, rainwater tanks, water-efficient washing machines and toilets) was referred to as CPP in this study.
The New South Wales Government enforced three levels of water restriction during the millennium drought periods (2003) (2004) (2005) (2006) (2007) (2008) (2009) ) to manage the limited water supply. Levels 1 and 3 were the most liberal (i.e., minimum restriction on water use) and the most severe level (i.e., high restriction on water use) of restrictions, respectively. These restrictions were mainly imposed on outdoor water use such as garden watering and car washing. The detailed description of the restriction levels and scopes of the levels can be found in Haque et al. [38] . Level 1, 2 and 3 water restrictions were applied to three separate periods during 2003-2009 in the Sydney region based on the severity level of the drought conditions. In this study, these three levels of water restriction were represented by dummy variables (Level 1 dummy variable, Level 2 dummy variable and Level 3 dummy variable); the value of the dummy variables was considered as one when it was in place, otherwise its value was considered to be zero in the data matrices. Meteorological data such as total monthly rainfall, number of rainy days in a month, monthly mean maximum temperature, monthly average temperature, evaporation and solar exposure were obtained from the Sydney Catchment Authority.
Methods
In this study, seven variable selection methods were adopted to identify the influential predictor variables in the Blue Mountains Water Supply System for modelling long-term residential water demand. The prediction ability of these methods was evaluated using a split-sample validation technique [39] . The total data period (March 2003-September 2011) was divided into two subsets: (i) March 2003-December 2009 to develop the multiple linear regression (MLR) models and (ii) January 2010-September 2011 to validate the developed models. Sydney Water [40] and Abrams et al. [8] found that despite the existence of no mandatory water restrictions in Sydney, water uses did not increase significantly, i.e., it was increased by only 2-3% during the post restriction periods (2009) (2010) (2011) . It seems that people are preserving their water efficiency behaviours to some degree established during the drought periods. Therefore, during the forecasting of the water demand values for the period of January 2010-September 2011 in the Blue Mountains regions, water use patterns were assumed to be the same as the period of restriction (i.e., the coefficient of Level 3 dummy variables was considered for these periods).
The MLR technique develops a model by establishing a linear relationship between two or more independent variables with a dependent variable. The MLR equation can be expressed as below:
where Y is the dependent variable, a 0 . . . a i are the coefficients generally estimated by the least squares method, x 1 . . . x i are the independent variables, i = the number of independent variables and ε is the error term related to each observation. Normally, the multiple linear regression models can be of three forms: linear, semi-log and log-log [41] . In this study, the semi-log form was considered to develop the MLR models by the seven variable selection methods as the semi-log model was found to perform better in modelling water demand in the BMWSS as noted by Haque et al. [38] . In the semi-log multiple linear regression models in this paper, the dependent variable was taken in the logarithmic form, and the independent variables were incorporated into the model as it lacks any log transformation. The brief descriptions of the seven variable selection methods are given in the following sections.
Forward Selection
The forward selection method starts with no predictor variables in the model. Then, variables are added, if needed, in the model one by one, and the forward selection method calculates the p-value (i.e., significance) for each of the variables. If the calculated p-value for the variable is found to be less than the critical value, then the forward selection method keeps the variable in the model, otherwise the variable is removed from the model. This is done iteratively until all the variables in the model have a p-value less than 0.1. In this study, a partial F criterion [31] was used to add or delete variables in the multiple linear regression models. The partial F statistic was calculated by Equation (2) and compared with an F distribution to estimate the p-value. A critical threshold p-value of 0.1 was adopted in this study.
where SSE i−1 and SSE i are the sum of square errors before and after the exclusion of a predictor variable, n is the number of data points and k is the number of predictor variables.
Backward Elimination
The backward elimination method starts with all the predictor variables in the model and removes one variable at a time using a p-value. In the first step, the p-value is calculated for all the predictor variables, and the variable with the largest p-value that exceeds the critical p-value is deleted. In the second step, the p-value is calculated for the remaining variables, and again, the variable with the highest p-value that exceeds the critical p-value is deleted. The process is iterated until the highest p-value of a variable is less than the critical p-value, indicating that the corresponding variable is not redundant in the presence of the other variables in the model.
Stepwise Selection
The stepwise selection method combines certain aspects of forward selection and backward elimination methods. Like the forward selection method, it starts with no variable in the model, and variables are added one by one to the model by fulfilling the p criteria (p < 0.1). After a variable is added in the model, the stepwise selection method examines all the variables in the model and deletes any variable that show a p-value greater than the critical value. The next variable is added in the model only after checking the model and deleting any variables if necessary. This process continues till none of the variables outside the model have a p-value less than the critical value and every single variable in the model satisfies the p criteria.
Best Model with Residual Mean Square Error Criteria
If there are k potential predictor variables, then the possible number of prediction models would be 2 k . The number of independent variables considered in this study was 11. In the best model with MSE criteria, all the possible models (2 11 ) were evaluated, and the model with the lowest value of MSE was selected. The MSE measures the variance for each of the models and is calculated by the following equation:
where Y and Y p are the observed and predicted water demand value, respectively, n is the number of data points and k is the number of independent variables.
Best Model with the Akaike Information Criterion
The AIC procedure was proposed by Akaike [42] , and it selects the model with the minimum value of the AIC, which can be calculated by the following equation:
Best Model with Mallow's C p Criterion
The C p criterion was proposed by Mallow [43] for univariate regression analysis, and it selects the model with the minimum value of the C p statistic. The C p statistic can be calculated by the following equation:
where S 2 is the MSE for the full model (i.e., when all the predictor variables are included in the model) and SSE k is the residual sum of squares for the subset model that contains k number of predictor variables in the model.
Principal Component Analysis
Principal component analysis transforms a data-set of original variables into a new a dataset of uncorrelated derived variables. These new derived variables are called principal components (PCs), which are the results of linear functions of the original variables. During the PCA analysis, sums of the variances are equal for both the original and derived variables. The highest amount of variance in the data is explained by the first PC, and then, the second PC explains the next highest variance, and so on, for all the remaining PCs. The value of PC 1 and PC 2 can be obtained by Equations (6) and (7) . The remaining PCs can be obtained in the same way. In PCA analysis, the first few PCs generally explain most of the variance in the data matrices that can be used to characterize the original observations [44, 45] . The dimensionality of the original dataset can be reduced by considering the first few PCs in the PCA analysis. More details on the PCA method can be found in Haque et al. [29] .
where x 1 , x 2,..., x k represent the original variables in the data matrix and a ij represent the eigenvectors.
Results
Standardized coefficient values of the predictor variables for the developed water demand forecasting models are presented in Figure 2 , and the results from the developed water demand models are presented in Table 1 . Standard coefficients are calculated by subtracting the mean for the variable and dividing by its standard deviation. This indicates the strength of the effect of each individual independent variable on the dependent variable. It can be seen that in the stepwise regression model, a total of five variables out of 11 were found to be statistically significant. The most influential variable was found to be the CPP variable. The second most important variable was found to be water price and, thereafter, evaporation. Rainfall and Level 1 dummy variables were found to have minimum influence on water demand. The rest of the variables, i.e., mean maximum temperature, Level 2 and Level 3 dummy variables, average temperature, solar exposure and number of rainy days, were found to be statistically insignificant in stepwise regression analysis. Water price and Level 1 dummy variables were found to have positive coefficients, which indicates that the water demand will increase with the increase of these two variables. However, this relationship is irrational as water demand would go down with an increase of water price and restriction levels. Variables in the forward selection regression models were found to be the same as the stepwise regression model. In the backward elimination regression model, a total of seven predictor variables out of 11 were found to be statistically significant. In this model, rainfall, number of rainy days, solar exposure and Level 1 dummy variables showed no correlation with water demand. Water price and average temperature were found to have positive and negative coefficients, respectively, which indicates that water demand would increase with the increase of water price and that water demand would reduce with the increase of average monthly temperature. However, these relationships are irrational, as in real life, the behaviour of the water demand pattern is normally opposite these relations. In the best model with the MSE criterion, all of the variables except solar exposure were found to have some effects on water demand. Water price, number of rainy days and Level 1 dummy variables were found to have positive coefficients, which indicates that the water demand would go up with the increase of these variables. However these relationships are not logically correct in practice as water demand should go down with the increasing values of these variables. Moreover, the average temperature variable was found to be negatively correlated with water demand in the MSE model, which is also not acceptable for the reason described earlier. In the best model with Mallow's C p criterion, eight predictor variables out of 11 were found to be statistically significant. Rainfall, number of rainy days and solar exposure showed no effect on water demand. This model also showed some irrational relationship like earlier models as water price and Level 1 dummy variables showed positive correlation with water demand, and average temperature showed negative correlation. In the best model with the AIC criterion, seven variables out of 11 were found to be statistically significant. Rainfall, number of rainy days, Level 1 dummy and solar exposure showed no relation with water demand. This model also had some irrational characteristics like earlier models. It can be seen in Figure 2 and Table 1 that all of the selection methods considered different sets of variables to be taken as final input in their regression models. Moreover, all of them had some irrational relationships with the water demand. The more likely reason for these irrational relationships is the presence of multicollinearities among the independent variables. In terms of modelling results' statistics as shown in Table 1 , the best model with the MSE criterion was found the best among those six models as it had the highest R 2 and Adjusted(Adj.) R 2 values and the lowest RMSE (root mean square error) and MAPE (mean absolute percentage error) values. However, the models from 3-6 ((iii) backward elimination; (iv) best model with the criteria of residual mean square error; (v) best model with Mallow's C p criterion; (vi) best model with the Akaike information criterion (AIC)) all had comparable results with each other. Table 2 presents the Pearson correlation matrices of the water demand variables, which can be used to identify the existence of the multicollinearities between the independent variables and the strong and weak relationship between them. Notable correlation coefficients between the variables are highlighted in bold. The maximum correlation coefficient was found to be 0.99, which was between monthly mean maximum temperature and monthly average temperature. The second maximum correlation coefficient was found between CPP and water price, which was 0.95. Evaporation, mean maximum temperature and average temperature were found to be highly correlated with solar exposure. Rainfall and number of rainy days were also found to be highly correlated with each other. These high correlations among the independent variables indicate the presence of a strong multicollinearity, which is more likely to produce biased results or unrealistic relationships in the regression analysis.
The results of PCA on the 11 independent variables to explain water consumption level are presented in Figure 3 and Table 3 . Eigen values of each PC's and cumulative variance explained by the PC's are presented in Figure 3 , where it can be seen that the first four PC's explained around 85% of the variability and had eigenvalues greater than one. Therefore, in this study, PC 1-PC 4 were chosen to find the important variables to estimate water demand. The 'bold marked loads' in Table 3 represent a high correlation between the variables and corresponding PC.
All the eleven independent variables were incorporated in the four selected PCs. However, only a few variables indicated high loadings within each PC (Table 3) , such as the first PC being heavily loaded with monthly mean maximum temperature, monthly average temperature, monthly total evaporation and monthly solar exposure. The second PC was heavily loaded with the number of rainy days, water price, CPP, Level 2 and Level 3 dummy variables. Similarly, rainfall and number of rainy days were found to be the most significant variables in the third PC, and Level 1 and Level 2 dummy variables were found to be the most significant variables in the fourth PC. However, since PC 1 is mostly occupied by the temperature-related variables and they are highly correlated with each other, the variables with the highest loading (mean maximum temperature) were chosen from PC 1 to include in the regression analysis to avoid the multicollinearity problem. From the correlation matrix (Table 2) , it was found that the CPP and water price were highly correlated. However, both of them were considered in the regression analysis as predictor variables because of their different natures, and it could not be identified which variables would have much more effect on water demand from the PCA analysis (their variable loadings were found to be close to each other). It can be seen in Table 3 that rainfall had greater variable loading in PC 3 than in the number of rainy days. Therefore, rainfall was chosen to be in the regression model, and the number of rainy days was discarded to avoid the multicollinearity problem. After removing the highly correlated variables, rainfall, mean maximum temperature, CPP, water price, Level 1, Level 2 and Level 3 dummy variables were considered in the regression analysis. To select the best variable between water price and CPP, three separate models were developed with the dataset of3 March-9 December and compared with each other in estimating water demand for the independent data period (10 January-11 September).
• During the development of the regression model for the above three conditions, the Level 1 dummy variable was found to be statistically insignificant for all of the cases as the p-value of the regression coefficient was found to be more than 0.4 (Table 4) . Therefore, the Level 1 dummy variable was discarded from the above three models. Simulation results of Models 1, 2 and 3 for the independent data period are presented in Figure 4 . It can be seen that the model with water price (Model 2) produced better simulation results than the other two models. Even Model 3 (with water price and CPP together) was found to produce poorer results than Model 1 and Model 2 due to the effect of the multicollinearity problem of the variables. These results indicate that inclusion of many variables in the model does not necessarily increase the model efficiency. In addition, Model 2 did not show any counter-intuitive relation with the temperature and water price variables, as can be seen in Table 4 . Finally, the important predictor variables for estimating water demand in the BMWSS were found to be monthly total rainfall, monthly mean maximum temperature, water price and Level 2 and Level 3 water restrictions. The comparison of the forecasted results by all the developed models (i.e., stepwise, forward, backward, MSE, Mallow's C p , AIC and selection of variables after PCA (i.e., Model 2)) for the independent data period is presented in Figure 5 , which also shows that the regression model with the selected independent variables performed better than all the other models. These results indicate that the selected independent variables are capable of simulating monthly water demand with a higher accuracy, and the developed model is largely free from the multicollinearity problem. This also indicates that PCA performed better in selecting the independent variables than the other methods adopted in this study, which has the potential to produce forecasting results with better accuracy. This method is easy to implement and can be used in other water supply systems around the world to identify the influential water demand variables and estimate water demand. 
Conclusions
Seven variable selection methods in the context of linear regression (i.e., stepwise selection, forward selection, backward elimination, MSE criterion, Mallow's C p criterion, AIC criterion and principal component analysis (PCA)) were compared for long-term water demand forecasting for the Blue Mountains Water Supply System located in New South Wales, Australia. The results showed that different variable selection methods resulted in different sets of predictor variables. Moreover, some selection methods (e.g., forward selection and backward elimination) resulted in a set of irrational variables and regression equations. On the contrary, when the predictor variables' datasets were preprocessed by PCA, the developed water demand model produced better simulation results of the water demand than the other developed models. Moreover, the developed model after doing PCA analysis did not show any counter-intuitive relationship with the independent variables. The results also indicated that PCA has the potential to identify the influential variables in water demand modelling in a better way than the other statistical methods adopted in this study. However, the application of variable selection methods needs to be carefully scrutinized in the case of the presence of high degree of multicollinearities among the predictor variables. The findings of this paper are directly applicable to the study area in Australia; however, the developed technique can be adapted to other countries having different water use and climatic characteristics to develop water demand forecasting models.
